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Let’s define them on WS1S formulas directly!



Key ingredients: Derivative + Acceptance Test

Let’s define them on WS1S formulas directly!



(∃X .x ∈ X)
?≡ (¬x < x) for Σ = {(T),(F)}

∃X .x ∈ X
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¬F
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Derivative

d v T = T
d v F = F

d v (x ∈ X) =


x ∈ X if ¬v [x]

T if v [x]∧ v [X ]

F otherwise
d v (x < y) = · · ·
d v (ϕ∨ψ) = d v ϕ∨d v ψ
d v (¬ϕ) = ¬d v ϕ
d v (∃X . ϕ) = ∃X . (d (vX 7→T) ϕ∨d (vX 7→F) ϕ)



Acceptance Test

ε T = T
ε F = F
ε (x ∈ X) = F
ε (x < y) = F
ε (ϕ∨ψ) = ε ϕ∨ε ψ
ε (¬ϕ) = ¬ε ϕ
ε (∃X . ϕ) = action happens here

futurization
derivatives

from the right
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